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O CTPYKTYPE MHO)XECTBA NONYCTUMBIX BO3MYILEHUH

Jis u3yueHHsl YCTOIUHBOCTH OTHOCHTEJILHO MaJblX BO3MYIUEHHH JIH-
HEHOM HEe3aBHCHMOCTH [10CJIe0BaTeIbHOCTeH 3/1eMeHTOB GaHaXoBa Mpo-
crpanctBa X B [1]6b110 BBeneHo MRroxkecTBO I' (X) sonycTHMBIX BO3Myiie-
nuii. Tam ke OblIO JIoKa3aHo, 4TO ecjn X COIEPIKHT NOANPOCTPAHCTRO,
nsomopduoe X € X, 1o I' (X) aABasercs JHHEHHBIM IPOCTPAHCTBOM OTHO-
CHTEJIbHO ecTeCTBeHHbIX onepaunii. Ileab nacrosmefi pab6oTbl — noctpo-
enne npocrpancrtea X, s koroporo I' (X) nennueiiHo.

Bce GaHaxoBbl NPOCTPAHCTBA CUMTaIOTC GECKOHEUHOMEPHBIMH, €CJIH
He oroBopeHo nporuBHoe. O6osHauenus: Sx, Bx— elnHuuHas cdepa,
eIuHUYHBI wap npoctpaHcTBa X; X ~ Y — npoctpanctea X u Y wuso-
mopdHbl; d(X, Y)— aucranuus Banaxa—Masypa mexay X u Y (d(X,
Y)=inf{||A] - || A7 ||: A: X - Y — usomopdusm}).

Hanomuum onpeznenenusi, npenioxenusie B [1] (em. Takxke [1, npeaso-
xenue 1]). Orpanuuennas nocieoBarte]bHOCTD (x;); 3/1emMeHTOB GaHaxoBa
npocTpaHcTBa X COOTBETCTBYET MOCAEAOBATENBHOCTH (y)i° < C, ecan

mo6as BO3MyILEHHasi TOCJe0BaTeNbHOCTE (Y)i < X ¢ yc/oBHeM [y, —
— x:|| <|v:| sBasiercs JmHeiiHO He3aBHcHMOH. I'(X) ecTb MHOXecTBO

nocsefioBareabHocreil (y)i < C (MOnycTHMbIX BO3MYILEHHH), KaXAoh u3
KOTOPbIX COOTBETCTBYET HEKOTOpas OrpaHHYeHHas I0c/1e/lOBaTeNbHOCTh

()1 = X. Onpegenum Ha TI'(X) ¢yHruuonan px: px ((vr) =
= inf {h:d (x;)i = hBx, (x;)i° cooTBeTcTBYeT (Vi) }.

Jlemma 1. IIycmv Y — nodnpocmparcmeo 6araxoéa npocmpaxcmsa:
X. Tozda T (X/Y) =T (X) u px ((y)r) < pxyv (yo)') 025 awboit nocae-
dosameavriocmu (y:); €' (X/Y).

JokazaTeabcTBO. Ilyctb (2)° < Sx;v, €>0, (v €T (X/Y),
n€N mnpousBosbHb. [losoKuM & = &|y;]. (2)] MOXKHO mNpeNCTaBUTH
B BHAE 2= X+ yi+ U, A€ (YN <Y, i+ y)i = Sx, wl < &.
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H yTBep:KIeHHe CJelyeT u3 NPOH3BOJBHOCTH € u [1, semmal.
Crenyiomasi Teopema SABJASETC YCHJAEHHEM OCHOBHOTO pe3yJsbTaTa
[1].
Teopema 1. [Tycme Y — nodnpocmparcmso 6anaxosa npocmpaxcmsa
X u X/Y codepacum nodnpocmparcmso, usomopgroe dexapmosy keadpamy
X: XY o XiP Xgy Xy~ Xy~ X. Tozda I' (X) ssasemcs aunetitoim
nPOCMPAHCMBOM OMHOCUMENbHO ECMECMBEHHbLX NOKOOPOUHAMHbLX onepayull,
a px— keasuropmot Ha I’ (X).
JokasarteabcTBo. [loctaTouHo, nosanb3ysick JeMvmoir 1, mo-
BTOPUTb paccyxkuenusi B [1].
[ns GanaxoBa npocrpaHcTBa X onpeieaum ¢yHKmuo @x (n) =
= inf{d (X;, ) X,= X, dimX;=n}.
Jlemma 2. [Tycmo X — banaxoso npocmparcmso. Tozda

PX((I, Ir e 19 O, 0,/--o))=(P)((n).

n

JlokasaTenbcTBO. Ecau (e)) — ecTecTBeHHBI Gasuc B [], TO
inf{ld(Xy, ): X, = X, dim X, =n} =
=inf{|T|:T: x{ >, () =Sx, Txy =e;} =

17 (3] aexd) |
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ConocraBasis 3to ¢ [1, nemmal, monyuum TpeGyemce pareECcTEO.

Jlemma 3. [lycme Y — nodnpocmpancmeo 6Ganaxosa npocmparcmsa
X u XY codepacum nodnpocmparcmso, uzomopproe X X 1 0eda
Ox U Qx/y IK6UBANCHMHBL, M. e. cyuecmsyem makoe C, 4mo

Cx (n) < 9xv (n) < Cox (n).
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