VIK 517.54
B. C. JEPKAY

O BEJIMYMHAX OTKJIOHEHUW U NEPEKTAX QIIM-®YHKU UM
MAJIOTO XU HU)KHEIO NMOPJAJKA

1. Beenenune

[ycts F(z) — Q-nceBroMepomopdHas npu z #=co (QyHKUHA (CM.
[1—3]), 1. e. F(z)nonyckaeT Takoe NpeJcTaBjleHHe: _
F(z) =®(x(2)), (1.1)
rae % (z) — Q-kBa3ukoH(pOpMHOe oToOpaxKeHHe z-MJIOCKOCTH Ha w-IJIoC-
kKocThb (%(0)=0,%(1)=1,%0) = ); ®(x) mepomopdhHas Npx %=+
GyHKIHS.
B pa6orax \[1, 2, 4] moctpoeHa Teopusi pocta QIIM-pyukuuii, Koto-
pas npu Q=1 coBnajgaer ¢ Teopueil pocta MepoMOPHHBIX (QYHKUHH.
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Hccnenoanue pocra QIIM-pyHKIHA KpOMe CaMOCTOSITEJBHOrO 3Haue-
HHSl JlaeT TaKXe BO3MOXKHOCTb IPOBEPHTb YCTOHYHBOCTb CBOHCTB Be-
JauyuH fedexkToB P. HeBaHJIMHHBI M BeJHYHMH OTKJIOHEHHH MepoMOpd-
HBIX (QYHKIMH NpH Hepexofe K 6osee OGIIMM IOHSATHSIM.

Jannass pa6ora MOCBsILIEHA HCCJAEJOBAHHIO aCHMITOTHYECKHX
cBoHcTB Q/IM-yHKIMH Majoro HHXKHero mopsaka. Ilpexnge uem
c(opMy/IHPOBATh pe3y/]bTaTbl, HalOMHUM HeoOXOAMMBble HaM jaJjee
0003HayeHHs.

B kauectBe xapakTepucTHKH pocta QIIM-byHKUHMH MBI HCIOJB-
3yeM XapaKTepHCTHKY, BBeleHHyW0 B [1]:

2n
T(r,F) = 2Lﬂjzv(r, e, F) db*,
0

rjae
’

N (r,e'%, F) = g

1

O F
n(s,e®, F) e
s
a n(r, a, F) — uguciao a-touek bynkuuu F(z) B Kpyre |2|<r.

Kpowme TOro, mjst mpoH3BOJBHOTO KOMILJIEKCHOTO YHCAA @ HCIOJb-
3yeM cTaHzapTHble o6o3nauenus L(r, a, F), m(r, a, F), KoTOphle Xa-
PaKTEepPH3YIOT CKOPOCTb NpHOAHKeHHS QIIM-pyHKUUA K 4HCTY
a coorBercTBeHHO B Merpukax C[0, 2n] u L[0, 2n] (cm [1, 3, 5, 6,
10, 12]) -

Kak usBectHo [1], Beauunno#i oTkinoneHuss QIIM-dbyHkuuu B TOY-
Ke a HasblBaeTcs :

(1.2)

e k{F 6, F)
““’F)—g} T (r, F)

Muoxecrso Q(F) = {a:8(a, F) >0} Ha3bIBaeTCH MHOKECTBOM €€

NOJIOXKHTENbHBIX OTKIOHeHHH. B cuny (1.1) u (1.2) Benuuunn B(a, Fj
XapakKTepUsylT POCT MePOMOPMHBIX GYHKIHHA 10 CHCTEMe KPHBBIX
Y}, sABagIOefics 06pasoM CHCTeMHl OKpyXHocTell @, = {z:|z| =r}
IpH Q-KBa3sHKOH(OPMHEIX OTOOpaXKeHHsIX.

Hedexrom QIIM-bynxunu F(z) B TOYKe @ HA3BIBAeTCs BEJMUHHA

(cm. [1])
.. m(r,a,F)
by = lim ————=
W) ==l o -
a muoxectBo E (F) ={a: 8(a, F) >0} — muoxectsom ee pmedexr-
HbIX 3HadeHuit (E(F)=Q(F)).[Npu Q =1 onpeneneHuble BeJUIUHEL
NeheKTOB M OTK/JIOHEHHH COBIAJalOT C COOTBETCTBYIOLIMMH BeJHYHHA-
MU 11 MepOMOPOHBIX (QYHKIH.

* Ilpu Q=1 Mbl nOJTyuaem ciaydail MepoMOpQHBIX (GYHKIHMI, TPH 3TOM Xapakre-
puctika T (r, F) ¢ TOYHOCTBIO JO OTPaHHUEHHOTO CJIaTaeMOr0 COBMAJaeT C ee HeBaH-
JINHHOBCKOH XapaKTepucTHKOH [5].
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B paGorax [1] u [10] B. Il. TleTpeHKO MmOJIy4Hs1 pe3yJabTaTH, Ka-
catomnecsi pocra QIIM-dynkuuii. IlpuBeneM HeKOTOpHEe H3 HHX.

Teopema A (cm. [1, c. 824]). [Tycre F(z) — QIIM npu z + o
pynkyus Komeurnozo HudcHeeo nopadxka A. Tozda

a) muosxcecreo Q(F) He boaee uem cueTHo;

6) umeroT mMecTo OyeHKu

Y2 (a, F) <€ (QN), (1.3)
(a)
> e (a, F) < C(Q,N), (1.4)
(a)
20e C,(Q,)) =K-16%».Q.

Teopema b (cm. [10]). [aa npoussoasvroit QIIM npu z #+co
pynkyuu muoocecrso Q(F) umeer emKocTd HOAb.

B nannoit pa6oTe MBI MOKa3bIBaeM, YTO Kak U B MepoOMOpPGHOM ciy-
yae npu A - 0 npasnle yactd B (1.3) u (1.4) crpemMsTcs K HYJIO NpH
IONOJHHUTEJIPHOM IPEANONOXKEHHH, 4TO MHOXKecTBO Q(F) conepxur
6osee oxHoi Toukn [6—9].

Hamr ocHoBHO# pe3yJbTar

Teopema 1. [Tycro F(z) — QIIM npu z = o yukyus HudgtCHe20
nopsdka A<<1 u ee mnoscecreo Q(F) codepocur Goree wem 00HY TOU-
ky. Toeda cnpasedausol oyeHKu

Y82 (a, F) < G, (Q)29, (1.5)
(a)
_Q Q
Y4+ (a, F) < Cy(Q)1QH, (1.6)
2de ¢ - .
+ R—
C,(QQ=K=?.6 @ (e = 1) -Q-(2¢)9.

(Q + 2.8Qe<zQ’+o)n)

TouHoCTh Hallled OLEHKH XapaKTepu3yeT B HEKOTOPOH cTeneHH (YHK-

ous
H (z) =h(%(2)),
rue
St v
h=[]—=. 0<p<1,
yas] 1—}—%—

y P
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